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Abstract: Let n be a positive integer u4( n) be the largest hexagon number less than or equal to n and v,( n) be
the smallest hexagon number less than n a( n) and b( n) are complement numbers of u,( n) and v ( n)
respectively. The arithmetic and the geometric mean value properties of the superior part sequence a( n) and the
inferior part sequence b( n) are studied and several interesting asymptotic formula for them are given.
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1.1 n ()
ug(n) = max{m(2m -1):n=m(2m -1) m e N}
vg(n) = min{m(2m -1):n<m(2m -1) m e N }.
ug( n) n o ve(n) n
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n(2n - 1)
u3(1) =1 ue(2) =1 us(3) =1 ug(4) =1 ug(5) =1u(6) =6 u(7) =6 ug(8) =6
ug(9) =6 u(10) =6 u(11) =6 u,(12) =6 u(13) =6 u(14) =6 u(15) =15 -
ve(1) =1 v(2) =6 v5(3) =6 v5(4) =6 v5(5) =6 v5(6) =6 v(7) =15 v4(8) =15
vs(9) =15 v,(10) =15 v,(11) =15 v,(12) = 15 v,(13) = 15 v,(15) =15 -
m:%zin+0(l)( 1)
a(n) =n-u4cn) b(n) =n—vs(n)
a(n) b(n) n—a(n) n->b(n) (2m - 1)
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1.2 ( )
Sc(m) = a(1) +a(2) +a(3) + - +a(m /m:)iiaﬁ)
L(m) = b(1) +b(2) +b(3) + = +b(m /m_;%ibﬁ)
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lim (I,(n) = S(n)) =4 lim (Is(n) ~S(n)) 7 =L
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1 n>1 S(m 6) =m(2m - 1)
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2 x> 1
¥ a(n) =2§/§x%+0(x) > b(n) =23ﬁﬁ+0(x)
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